In the study of combinatory logic, the author has found it expedient to introduce a notion of functionality. This is introduced via a constant (called an On the definition of an infinitely-many-valued predicate calculus.
A formal definition is given of the infinitely-many-valued predicate calculus discussed by Rosser at the January 1959 meeting of the Association. It is shown by a topological argument that the set of theorems of this system is just the set-theoretic limit of the sequence of theorem-sets of the n-valued Lukasiewicz predicate calculi as n goes to infinity. From this it follows that this system can be defined equally well by means of denumerably and non-denumerably infinite value sets, with corresponding restrictions on the predicates accepted. Thus this system is shown to be the only natural extension of the Lukasiewicz predicate calculi to infinitely many values, and of the infinitely-many-valued Lukasiewicz propositional calculus to a first order predicate calculus.
STEVEN OREY.
Relative interpretations. Theorem being provable for the system so defined; but for this system the distributivity principles for conjunction and disjunction (present in E) are not forthcoming. P. C. GILMORE. An alternative to set theory. Because the concept of set is so simple and yet so powerful, its convenience for mathematicians is overwhelming. The concept, however, must be limited by ad hoc restrictions if the set theoretic paradoxes are to be avoided. An alternative to set theory is proposed which is as simple in conception as naive set theory and yet which is not troubled by its inherent contradictions. In place of a universe of sets and the membership relation over the universe there appears a universe of symbols and an epsilon and nu relation over the universe. Symbols such as '1', '2', '3', 'even', '<', '+', etc., can be understood to be members of the universe of symbols. The sentence '2 is even' is understood to assert that the symbol '2' is epsilon related to the symbol 'even', and the sentence '3 is not even' is understood to assert that the symbol '3' is nu related to 'even'. Thus sentences '3 is even' and '3 is not even' are not negations of one another although, accepting (x) (y)-(x E y & x v y) as true, each implies the negation of the other.
Relations and functions are conceptually much simpler in the new theory than in set theory. '<', for example, is a relation symbol because, although nothing is epsilon or nu related to it, there are symbols epsilon or nu related to the concatenation of it with other symbols. Thus '2' is epsilon related to ' <3' and nu related to ' < 1'. Similarly '(1 + 1)' is a symbol which is epsilon related to ' <3' and nu related to '< 1'.
Although the problem of the consistency of axiomatic theories motivated by the new theory is no less difficult than with axiomatic set theories, nevertheless greater confidence can be given to the new theory than to set theory since the paradoxes which are inherent in the concept of set are avoided in the new theory. Thus despite that there can be no set of all sets which are not members of themselves, there can be a symbol R for which ( 
G. KREISEL. Inessential extensions of intuitionistic analysis by functionals of finite type.
We use the notation of the preceding abstract. T2 is obtained from T1 by adding (i) the axiom of choice for lowest type, and (ii) the fan theorem, i.e., (3) and (4) function taking (il. . . ., i") into t iff /(vf1, . . ., vi) is an atom of B.
Then by (II) and an induction on the length of A, every wff A of B (and in particular every wff of S) takes the value t by this assignment.
Hence the wffs of S (and those of C) are simultaneously satisfiable in the positive integers.
